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Abstract

We focus on the problem of imaging-genetics, where we generalise the classical analysis
performed in genome-wide association (GWA) studies by modeling the association between
medical imaging features (from ROIs to voxels/mesh-based measurements) and genetic vari-
ants (single nucleotide polymorphisms [SNPs|) in large cohorts. The main focus of this
chapter will be on statistics, and on the use of appropriate statistical tools and inference
methods for relating imaging phenotypes to complex and high-dimensional biological data.
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1. Introduction

The human genome spans about 3 billion characters. The alphabet used to store the
genetic information, which determines how the human body is assembled from a single cell
and how the entire organism functions, comprises only four letters: A, C, G and T. The
physical carrier of this information is the deoxyribonucleic acid, short: DNA. Each character
of the genetic sequence is a nucleotide in the DNA chain; a nucleotide is composed of a
sugar (deoxyribose), a phosphate group and one of the name-giving nitrogen-containing nu-
cleobases: adenine (A), cytosine (C), guanine (G) and thymine (T). The nucleotides are joined
together to form a chain via covalent bonds between the sugar of one nucleotide and the
phosphate group of the next, thereby forming the backbone of the DNA molecule. Further-
more, if the sequences of two DNA molecules are compatible according to the base pairing
rules (adenine can pair with thymine and cytosine with guanine), then the two separate
DNA molecules can bind together via hydrogen bonds between the nucleobases and form
the iconic double-helix. That is, the two chains have to be complementary: AAAGGTCCAGGA
will form a bond with TTTCCAGGTCCT, but not with CCCCCCAAAGGG (see Figure [1)).

The genetic information in humans is packaged into separate chromosomes: 22 autosomes
(numbered simply based on their physical size from 1 through 22) and the sex chromosomes
named X and Y. Each chromosome is a long uninterrupted DNA double helix. Commonly,
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Figure 1: Base-pairing in two short DNA sequences. The left pair is complementary and form hydrogen-
bonds (indicated by | ) along the entire string and therefore forms a proper double strand. The pair on the
right has many mismatching nucleotides (indicated by a space) and therefore cannot form a double-strand
DNA molecule.

AAAGGTCCAGGA AAAGGTCCAGGA

NNRRRRRENNN I
TTTCCAGGTCCT CCCCCCAAAGGG

every cell in the body carries exactly two copies of each autosome, where each parent provided
one set. The sex chromosomes, typically, come either in XX pairs (female) or in XY pairs
(male).

Probably the most renowned part of the genome are the genes. Formally, a gene is
a sequence of genetic code that encodes for a molecule, typically a protein or ribonucleic
acid (RNA), that carries out one or more functions in the organism. According to the
GENCODE project, there are about 19,901 protein-coding genes and an additional 15,779
non-coding genes; estimates, however, vary based on the applied methodologies [1]. Before a
protein can be synthesized from a gene, the genetic code is transcribed from the DNA into a
working copy, named messenger RNA or mRNA, which serves as the template for the protein
production. The RNA molecule uses ribose instead of deoxyribose as the sugar backbone. In
eukaryotes, such as the human, many genes contain exons and introns: introns are removed
from the mRNA through a mechanism termed splicing and only the sequence in the exons
is retained and used to synthesize the protein. A protein is a chain of amino acid residues
and the synthesis or translation from the mRNA follows the very precise genetic code: every
group of three nucleotides (a triplet) encodes one of 20 amino acids or the code to terminate
the synthesis. Splicing can lead to different proteins by altering the exon configuration of
the mRNA that is produced from the DNA. This is phenomenon is known as alternative
splicing and can occur, e.g., by skipping one or more exons or retaining introns. Alternative
splicing is the rule rather than the exception and can occur in a condition- or tissue-specific
manner. Thus, one gene can be the source of many different but related proteins.

Although genes are the most prominent part of the genome, they only make up for a
minority of genetic sequence in the human genome: only about 2% of the genetic sequence in
humans are at some point translated into proteins. The non-coding DNA, i.e., the remaining
98%, which comprises introns and non-coding genes among others, was referred to as ’junk
DNA’ in the past. However, non-coding DNA has been found recently to contain important
sequences that regulate the expression of genes, i.e., where and in which context a gene is
to be read and how much protein should be produced [2].

1.1. Heritability

Differences in the appearance of individuals, that is their phenotype (such as hair color
and height) are the result of the individual‘s genetic information (genotype) and environ-
mental influences. Simply put, people appear different partly because of their difference in
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the genotype.

A means to quantify the degree by which variation of a trait in a population is due to
the genetic variation between subjects, as opposed to environmental influence or chance, is
the heritability statistic [3]. Formally, the phenotypic variance 0% is defined as:

0p =04+ oy +2Cov(G, E),

where 02 and o% are the genetic and environmental variance, respectively, and Cov(G,E)
is the covariance between, genetics and environment (which can be set to 0 in controlled
experiments). Thus, broad sense heritability (H?) is simply defined as:

) O

H” = g.

The most prominent method to estimate heritability is through twin studies that compare
the phenotype similarity in monozygotic (i.e., identical or maternal) twins to the phenotype
similarity in dizygotic (i.e., non-identical or fraternal) twins. Monozygotic (MZ) twins share
nearly 100% of the genetic code, while dizygotic (DZ) twins, like non-twin siblings, share on
average 50% of the genetic code. It is in general assumed that MZ and DZ twins share the

same environment. Thus, one can compute H? using Falconer‘s formula [3]:

H? = 2(ryz — mp7),

where r\z and rpy are the Pearson‘s correlation coefficients of the trait between pairs of MZ
twins and pairs of same-sex DZ twins, respectively. There are further methods to obtain
heritability estimates outside twin studies, e.g., comparing trait similarities in close relatives
including parents and non-twin siblings. Other methods are based on linear mixed models
and can estimate heritability on more complex family trees (pedigrees). Furthermore, recent
developments in statistical genetics enable us to estimate heritability from large datasets of
unrelated subjects [4], [5].

1.2. Genetic variation

There are many changes that can shape an individual‘s genome. The most drastic ones
are gains or losses of entire chromosomes as in trisomy 21 (down syndrome), in which three
copies of chromosome 21 are present in cells, or monosomy X (turner syndrome), where only
a single X chromosome is present in cells. In some cases parts of chromosomes are deleted,
duplicated, inverted or moved to other chromosomes, these changes are referred to as either
copy number variations or structural variations. For instance, a well characterized deletion of
a small part on chromosome 22 (22q11.2 microdeletion) typically results in the loss of 30-40
genes in that region and causes DiGeorge syndrome and a 20-30-fold increased risk to develop
Schizophrenia [6]. Other variations are on a much smaller scale and concern either the gain
or loss of a few nucleotides (insertion or deletion, respectively), or simply the identity of the
nucleotides at a given position in the reference genome, e.g., A is replaced by G. Depending on
their location in the genome, these single nucleotide exchanges can have a serious effect on the
organism. For instance, a nucleotide exchange or a deletion in the non-coding DNA is likely
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SNP; SNP, SNP; --- SNPp_, SNPp_; SNPp
1 1 0 0 e 2 1 0
0 0 1 e 0 1 0
3 0 0 0 e 1 0 0
N-2 1 0 1 e 1 0 0
N-1 1 0 1 e 0 2 1
N 2 0 1 e 0 1 0

Figure 2: Example of a SNP data matrix for IV subjects organized in rows and P SNPs organized in columns.
Each cell ¢; ; contains the count of the number of minor alleles in subject 7 for SNP j.

to be of little consequence to the organism, but replacement of a nucleotide in a gene‘s exon,
which also leads to a different triplet in the mRNA and thus to an amino acid replacement
in the final protein, may have severe consequences. While some amino acid replacements
can be tolerated by the organism, e.g., if their biochemical properties are similar, and are
considered benign; others have a deleterious effect and alter the protein‘s function. This
is the case for instance with mutations in the APP gene causing the familial variant of
Alzheimer‘s disease (a map of different deleterious and benign mutations in APP can be
found online: https://www.alzforum.org/mutations/app). Luckily, exchanges with such
drastic consequences are not shared by many people, i.e., their frequency in the population is
low. Conversely, many of those nucleotide exchanges are part of the natural variation in our
genome and are shared by many individuals, i.e., such variants show a high frequency (1%
or more) in the population and are referred to as Single Nucleotide Polymorphisms (SNPs).
Interestingly, in most of the cases of such nucleotide exchanges, the reference nucleotide (or
magor allele), which occurs more than 50% in the population, is exchanged for only one of
the other three nucleotides (referred to as minor allele), that is, we only see a replacement
of A by G at a given position in the genome, but never a replacement of A by C or A by T at
the same position (though, occasional exceptions do exist). Often the major allele is simply
denoted by a capital A’ while the minor allele is denoted by a lowercase 'a’. Discovered
SNPs have been catalogued and can be referred to either by their position in the reference
genome and nucleotide substitution (e.g., 19:44908684:T-C) or by an identifier consisting
of an integer number and the prefix rs (e.g., rs429358). Of note, the minor allele frequency
(MAF) of some SNPs is close to 50%, therefore the identity of the minor and major allele
in these SNPs may change between datasets due to sampling.

In this chapter we will focus on the analysis of SNP data. The fact that SNPs are
shared by many individuals renders them easy and cheap to measure: microarray technology
allows the measurement of 100,000s of SNPs in one experiment with more recent iteration
of the technology reaching up to 2 million SNPs in one experiment. Thus, producing (after
processing the data) per subject an array of 0, 1, 2 entries quantifying how many copies
of the minor allele are present in the individual, where 0, 1, and 2 simply reflect the count
of the minor (the non-reference) allele (Figure [2)).

The availability of a method to cheaply measure 100,000s of genetic positions in the hu-
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man genome enabled a type of analysis known as Genome-Wide Association Study (GWAS).
Simply put, this framework univariately tests for every measured SNP whether the frequency
of its non-reference allele in cases is higher (or lower) than the frequency in controls, thus
indicating SNPs that increase (or decrease) the disease risk. With little change in statistical
methodology, GWAS also allows to test the genetic influence of SNPs on quantitative mea-
sures, referred to as traits, such as height. GWAS conducted over the recent past uncovered
many associations (https://www.ebi.ac.uk/gwas/) often identifying single SNPs that af-
fect disease risk. Especially in the realm of brain disorders the question is often how these
disease associated variants affect structure and function of the brain. A typical imaging ge-
netics approach is to collect people with the disease increasing variant (carriers) and people
without that variant (non-carriers) and compare their brain imaging data using standard
tools (see Chapter ?77). For instance, the APOE-e4 variant increases the risk to develop
Alzheimer‘s disease (AD), thus, one could assess the effect of APOE-e4 on gray matter by
conducting a voxel-based morphometry (VBM) analysis and treating carriers as cases and
non-carriers as controls (see Chapter ??). Similarly, carriers of the 22q11.2 microdeletion
can be compared to people without that genetic change.

The previous approach allowed to investigate effects of a single genetic variant on the
brain. However, the limitation is that such suitable candidate variants must have been pre-
viously identified through other genetic (non-imaging) analyses. In brain disorders there is
the strong assumption that changes in brain structure and function are causing the observed
symptoms and altered cognitive performance. Thus, phenotypes derived from brain imaging
data can act as endophenotypes in genetic studies of brain disorders, because they are closer
to the actual biological substrate. E.g., in such studies a diagnosis of Alzheimer‘s disease
would be the phenotype and hippocampal atrophy or cortical burden of the amyloid protein
would be considered endophenotype. The underlying assumption is that the effect sizes of
genetic variations on endophenotypes are greater than those on the disease risk or pheno-
type itself [7]. Therefore, one expects to increase the chance to identify genetic variants that
would go unnoticed when studying just the case-control status alone. If there is just one (or
a few) such endophenotypes of interest, then one can follow the standard pipeline for GWAS
for quantitative traits (see Section [2|) with the imaging derived phenotypes. For instance,
one could analyze the genetic contribution to subcortical volumes [§]. After exploring imag-
ing genetics approaches based on the standard GWAS framework, we will introduce machine
learning based methods to link genetic variation to variation in brain imaging phenotypes
at high resolution (see Section [3)).

2. Genome-wide association studies

The field of genetics is rapidly expanding and recent advances in the technology enable
us now to obtain the entire sequence of a human at a reasonable price (i.e., less than $1,000).
In this chapter, however, we will focus on the type of genetic information that is utilized in
GWAS and still constitutes the main genetic information used in imaging genetics.


https://www.ebi.ac.uk/gwas/

2.1. Genotyping using microarray technology

Microarray technology is used to assess the identity of a genetic variant at a given position
in the genome. The technology is based on the property that a single DNA strand will bind
(hybridize) to its complementary DNA strand and form a double-stranded DNA molecule.
The general principle of such SNP arrays is that they carry two copies of short DNA strands
(e.g., 121 letters) to measure the identity of a SNP. Both such DNA probes contain the
complementary sequence of the reference genome before and after the targeted SNP (e.g.,
60 letters in each direction); one probe contains complement of the reference allele, while
the other probe contains the complement of the alternative allele. The binding affinity of
a subject’'s DNA sample will be higher to the probe containing the correct complementary
SNP. Importantly, these DNA probes are immobilized on the array and their positions
(e.g., x- and y-coordinates) are known. For this approach to work, the test subject's DNA
is fragmented (i.e., chopped into small pieces) and a fluorescent dye is attached to each
fragment. The amount of binding strength of a subject‘s genetic sample to both probes is
then quantified through fluorescence microscopy. After analyzing the raw imaging data in
number of subjects, one can assess whether a subject is homozygous for the reference allele
(AA, i.e., both versions of the SNP show the reference allele), heterozygous (Aa, i.e., one
copy is the reference the other the alternative allele), or homozygous for the alternative allele
(aa), which is encoded for computations as 0, 1 or 2, respectively, indicating the number
of non-reference allele counts.

2.2. Processing SNP data

The first step in the process is to call the SNP from the fluorescence signal. In some
subjects the signal may not be sufficiently strong to make a call, resulting in a missing
entry for that SNP in these subjects. The end product of the calling step is essentially
a data matrix of dimension N x P where N represents the number of subjects and P
the number of measured SNPs (Figure [2). There are various popular data formats for
efficiently storing SNP information along with programs to manipulate the data and conduct
association studies, e.g., PLINK is a widely-used tool [9]. There are a number of quality
control (QC) steps being carried out prior to the actual statistical analysis:

1. Removal of SNP that show a poor quality across the N subjects, i.e., SNPs that have
more than 10% missing entries are typically removed.

2. Removal of subjects with too many missing calls, i.e., subjects missing more than 10%
of SNP calls are removed. Many missing SNP calls are an indicator for poor sample
quality.

3. Removal of subjects in whom the reported sex and the sex inferred from SNP data are
mismatching.

4. Removal of SNPs with a low frequency in the study sample. Depending on the size of
the study SNP with frequencies lower than 5% (or 1% in large samples) are removed
before analysis.

5. Removal of SNPs deviating from the Hardy-Weinberg-Equilibrium (HWE) in control
subjects. Here the allele counts for AA, Aa, and aa are tested for consistency with
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population genetics theory. Violation of the HWE among healthy controls may indicate
technical problems with measuring the SNP.

These are the main steps pertaining the SNP data quality. In practice, there exist further
QC steps involving more advanced statistics capturing participants’ relatedness, genetic
ancestry and population structure [L0], but they are outside of the scope of this chapter.

2.3. Imputation

Imputation is the process where missing (or unobserved) data is inferred from available
data using statistical methods. When working with SNP data there are generally two types
of missing data:

1. Missing SNP calls for a few subjects with low signal intensity preventing a high quality
SNP call, resulting in missing entries within a column of the data matrix.

2. SNPs that were not measured due to lack of probes on the microarray platform, re-
sulting in unobserved (missing) columns.

This latter type of missing data is a major challenge for large collaborative GWAS involving
dozens of teams around the world. Teams generate the SNP data using different genotyp-
ing microarray platforms (often referred to as SNP chips) and chip versions, resulting in
different SNPs being queried by different researchers. Moreover, often a team may have
generated their data with different chip versions based on the availability at the time of
data generation. Thus, simply taking the intersection of genotyped SNPs across all used
platforms in a collaborative study often leaves too few SNPs for a meaningful analysis. One
way to circumvent this problem is to impute the calls for SNPs that were not measured on
these chips. This feat is possible because humans are a relatively young species, resulting
in a great deal of correlation between genetic variants that are in close proximity on the
genome; referred to as linkage disequilibrium (LD). Intuitively, this has the same effect as
spatial correlation between voxels in imaging data. Thus, knowing a few SNPs and having
access to the LD information from a large database, missing SNPs in the vicinity of geno-
typed SNPs can be accurately imputed. The imputation results in posterior probabilities
for each of the three possible genotype calls: homozygous reference (AA), heterozygous (Aa)
and homozygous alternative (aa). See the review by Marchini and Howie for additional de-
tails [11]. In addition to the posterior probability a quality score for the imputed SNP across
all subjects in the dataset is provided by most available tools. The imputation result can
be converted into standard 0, 1 ,2 genotype calls based on a hard cutoff for the genotype
posterior probability. For instance, if the cutoff was set to 0.9 and if none of the posterior
probabilities for AA, Aa or aa reached 0.9, then the imputed SNP in that subject would
be set to missing. Alternatively, the imputed genotypes can be converted into a dosage,
i.e., sum of the minor allele counts (0, 1, 2) multiplied by their corresponding posterior
probabilities (pg, p1,p2), resulting in genotype values in [0, 2]:

dosage =0 X pg+ 1 X p1 + 2 X ps.

The advantage of the latter approach is that no missing entries are produced within a
column. Post imputation QC typically involves:
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A a
Alzheimer‘s disease | 358 | 256
Control 471 | 89

Table 1: Allele counts for the €4 allele of the APOE gene (a) and the reference allele (A4) in an Alzheimer's
disease study compared to cognitively normal controls. There is a significant increase in APOE-e4 in
particpants with Alzheimer‘s disease: P = 6.03 x 10722 using a x2-test with 1 degree of freedom.

1. Removal of SNPs with a low imputation quality, e.g., a quality score < 0.9 using recent
tools.

2. Removal of SNPs with high missingness rate in case of hard-called SNPs.

Overall the imputation quality depends on the used reference set, where larger databases
typically lead to better imputation results. A widely-used reference database is provided
by the Haplotype Reference Consortium and comprises data on 32,488 subjects [12]. In
fact, this reference dataset requires a lot of storage and it was more economical to be made
available through cloud-based free for all imputation servers, e.g., the Michigan [13] (http://
imputationserver.sph.umich.edu/)) and the Sanger (https://imputation.sanger.ac.
uk/) imputation server. A very positive side effect of this development is the increased
reproducibility of research and that users are less likely to accidentally misuse the software.

2.4. Statistical Analysis

Once the SNP data have been cleaned, imputed and been cleaned again, one can proceed
to the statistical analysis. The predominant approach to GWAS is a mass univariate testing
strategy in which every SNP is tested individually for its association with the phenotype,
regardless of the identity of the remaining SNPs. The initial method was to compare allele
counts between cases and controls using a 1 degree of freedom (df) x? test on a 2 x 2
contingency table of allele counts (Table [1)).

Of note, each subject contributes two alleles (one inherited from each parent), thus the
overall sample size for this test is 2N. However, the y?-test approach does not allow for
adjusting the association test for relevant covariates such as age, sex or genetic ancestry.
Thus, the common method of choice are logistic and linear regression for case-control and
quantitative studies, respectively. Here the output is modeled as Y and SNP is the minor
allele count per subject, C1, ..., Cy are the covariates, and € ~ N(0, 1) is the residual error:

Y:a0+b0XSNP+b101+...+bka+€. (1)

For every SNP such a linear model is estimated using all N subjects, and the intercept
(ap) as well as the coefficients for the variables (bg,...,b;) are estimated. Naturally, in
genetic studies the main interest is the statistical significance of by, i.e., the influence of the
SNP on the phenotype. There are different assumptions on how a SNP can act biologically:
the additive model assumes that each copy of the minor allele has an independent effect; the
dominant model assume that the presence of one allele has the same effect as both alleles,
and the recessive model assumes that there is only an effect on the phenotype when both
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additive 0 1 2
dominant 0 1 1
recessive 0 0 1
over- /under-dominance | 0 110

Table 2: Different encodings of the SNP variable in GWAS to realize different genetic models.

copies exhibit the minor allele. To realize these main models in the linear framework the
encoding of the SNP is adjusted as shown in Table 2] There are also cases where the effect is
only present in heterozygous subjects (Aa). Depending on the effect direction this is termed
overdominance or underdominance. In brain science, examples for an overdominant effect
are a variant in the nicotine receptor gene CHRNA/ on cognitive control [14] as well as a
variant in the longevity gene KLOTHO on enhanced cognition [15].

In addition to the classic linear models, there are more advanced methods that in-
crease the computational speed on large datasets with many subjects and increase statistical
power [16]. Genome-wide results are typically presented in the form of a Manhattan plot,
where the —log,y(P) of by for a SNP is given on the Y-axis and the SNPs‘ locations in
the genome are arranged on the X-axis. Strong association between a lead SNP as well as
its correlated neighboring SNPs with a phenotype lead to peaks in the plot mimicking the
name-giving skyline of Manhattan. The mass univariate strategy on testing genetic variants
leads to a massive multiple testing problem.

2.5. Multiple testing correction

In statistical hypothesis testing so-called test statistics are computed from the given ob-
servations, e.g., the t-score is the test statistic when conducting a t-test to compare the means
of a measurement of two groups. Further, it is known how the test statistic is distributed un-
der the null hypothesis or Hy. That is, it is known how the test statistic is distributed when
there is no difference between two groups. In case of the t-test the t-distribution models the
distribution of t-scores under the null hypothesis of no group differences. Thus, combining
these two information, we can compute the likelihood of achieving the observed test statistic
(or better) when there is no difference between two groups, i.e, when Hj is correct. This
probability is exactly what the p-value captures. A widely-accepted threshold (a-level) for
calling a result statistically significant is p = 0.05. That is, there is only a 5% chance that
the test statistic could be produced from random data where there is no difference between
two groups.

In situations where more than a single hypothesis is tested, one has to reconsider the 5%
cutoff. The problem is related to the situation of casting a die. The chance to get a 6 is
1/6 ~ 0.167. However, when the die is cast 20 times, the chance of getting a single 6 in any
of the rolls is 1.0 — (5/6)%° ~ 0.974. So it is almost certain to hit at least one 6 in 20 rolls.
The same holds true for a significant finding in statistical testing: if enough hypotheses are
tested, then the likelihood increases that at least one of them will get a p-value of 0.05 or
lower; even if the data are randomly generated. Therefore, the need to adjust the p-value
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for multiple testing arises. There are various methods available, but the most widely used
ones are the Bonferroni method [I7] for controlling family-wise error rate (FWER) and the
method by Benjamini-Hochberg to control for false discovery rate (FDR) [18].

The Bonferroni methods aims to control the family-wise error rate, i.e, the probability
to incorrectly reject the Hy (calling something significant when it is not) once across all m
alternative hypothesis tests (Hy,..., H,,) at a predefined a-level. This is simply achieved
by testing each individual alternative hypothesis at a/m. That is, we divide the p-value
threshold by the number of tests, or alternatively, we multiply each raw p-value with m to
get a multiple testing adjusted p-value. This method assume that all the tested hypotheses
are statistically independent.

The Benjamini-Hochberg method aims to control the false-discovery rate, i.e., the fraction
of all hypothesis that were called ’significant’ but where there was no true difference (and H
was correct). This is a less stringent correction than the FWER correction, where the a-level
is adjusted such that the occurrence of a single false-discovery minimized. Practically, the
p-values of the m tests are ordered from smallest to largest: Py < ... < P,). Next, the
largest k such that Py, < %oz is identified and all hypotheses corresponding to the p-values
Puy, ..., Py are accepted. The Benjamini-Hochberg method (and its extensions) are also
valid when hypotheses are dependent on (or correlated to) each other. FDR-correction is
therefore often preferred when it is known that hypothesis are correlated, e.g., when testing
voxels in the brain.

The widely-used approach of correcting p-values using the Bonferroni method for all the
P tests (SNPs) is overly conservative in GWAS: SNPs are (spatially) correlated — this fact
is exploited by the genotype imputation approach described above — reducing the number of
effective independent tests below the number of tested SNPs. It has been estimated that in
GWAS with common SNPs in the European population the effective number of independent
tests, while accounting for the correlation between genetic variants (i.e., the LD structure),
is about 1 million [I9]. Thus, the Bonferroni adjusted p-value threshold for genome-wide
significant was set to P = 5x 1078, However, with recent advances leading to the inclusion of
rare SNPs and efforts to include non European subjects, the cut-off may need to be revised.

SNPs passing the genome-wide significance threshold are typically followed-up with ad-
ditional research in order to reveal the underlying biology; this often involves costly wet-lab
experiments. In order to limit the risk of false-positive associations, GWAS typically employ
a two-step process where parts of the data are used as the discovery dataset (often referred
to as stage I) and a wvalidation dataset (stage II), where SNPs that passed the genome-
wide threshold in stage I will be tested again at a more lenient threshold. This approach
resembles the train-test split applied in statistical learning (Section .

2.6. Adjustments for quantitative traits

Initially GWAS were only conducted for dichotomous traits but minor changes in mod-
eling facilitates the analysis of quantitative traits as well. However, additional precautions
have to be taken when working with quantitative traits due to the sensitivity and model
assumptions of the underlying linear models:
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Figure 3: Power curves generated using a t-test with unequal sample sizes. The significance threshold was
set to @ =5 x 1078, minor allele frequency (MAF) was varied from 0.01 to 0.1 (different colors), effect size
(Cohen'‘s d) was varied from 0.1 to 0.3 (different line types) and the sample size (N) was varied from 200 to
100,000 subjects (X-axis). Alternatively, for quantitative traits the power can be computed based on test
for the significance of Pearson‘s 7, where in practice the correlation r is a function of the MAF and Cohen'‘s
d [21].
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1. Phenotypic outliers can easily produce a false-positive association and outlier removal
techniques such as windosorizing may be applied.

2. Phenotypes that are not approximately Gaussian distributed violate model assump-
tions, thus the raw phenotype may have to be transformed prior to analysis.

Furthermore, many datasets with brain imaging data comprise healthy subjects as well as
diseased subjects. Thus, one recurring question is how to best handle the resulting bias and
whether it is appropriate to adjust the model for disease status [20].

2.7. Statistical power

Before actually collecting data for a GWAS the question is often whether the sample
size will be sufficiently large to discover variants given the many tests (~ 1 million). Like in
many other disciplines this answer is addressed via a statistical power analysis. Statistical
power quantifies the likelihood of rejecting the null hypothesis (Hy) when the alternative
hypothesis (H;) is correct (i.e., 1.0 —type II error probability). In the context of classifica-
tion, statistical power would be equivalent to the a classifier‘s true positive rate. In GWAS
the power depends on the SNP‘s minor allele frequency, its effect size and the size of the
study sample.
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As evident from Figure [3] larger samples in GWAS lead to an increased power to detect
true associations at genome-wide significance (o = 5 x 1078) given that frequency and effect
size of the variant remain unchanged. This fact led to an ever increasing size of genetic
studies over the last decade with recent GWAS including more than 1 million subjects [22].
Further, power can be increased by studying a phenotype that is more directly influenced
by the genetic variant, leading to the rationale of endophenotypes. For instance, a SNP with
MAF of 0.1 (blue line) may have an effect of d = 0.1 (solid) on disease status achieving only
a power of 0.25 with 25,000 subjects; the same SNP shows an effect of d = 0.3 (dashed line)
on, say, hippocampal volume, thus increasing the power to 0.9 with only 5,700 subjects.

2.8. GWAS and imaging phenotypes

The concept of endophenotypes is clearly appealing from the power perspective. How-
ever, when there is more than one phenotype to study, then the statistical power will be
reduced because the need to adjust for the number of (independent) tested phenotypes in
addition to the number of genetic tests (1 million). For instance, in the case of ten brain imag-
ing biomarkers this would amount to 10 million tests (= 10 x 1 million) leading to a p-value
cutoff of 5 x 1072, Applying this adjusted a-level to the above power example in Figure
(d = 0.3, MAF=0.1,N = 5,700) would reduce the power to 0.83, which is still acceptable.
However, in brain imaging it is not unlikely to study 1,000s of derived phenotypes, reducing
the power even further (e.g., to 0.58 when corrected for 1 million SNPs and 1,000 imag-
ing phenotypes). Thus, due to the increased multiple testing burden, the classic univariate
GWAS approach works with large datasets and a few hundred imaging derived phenotypes,
an approach followed by the ENIGMA consortium [§]. However, methodological advances are
spurring ever finer-grained structural [23] and functional [24] brain parcellations, thereby
increasing the number of available imaging phenotypes. Moreover, depending on the cohort
there are many different imaging modalities that can be studied from gray matter volume,
cortical thickness or measures based on diffusion weighted imaging, thus, easily amounting
to a few 1,000 phenotypes with a rather coarse granularity [25]. In some cases imaging phe-
notypes are combined to generate novel biomarkers, e.g., Scelsi et al combined hippocampal
volume and cortical amyloid burden into a novel multimodal imaging phenotype [26]. How-
ever, even despite finer grained parcellations, it is conceivable that genetic effects are not
limited to boundaries of regions of interest, e.g., only a fraction of a candidate region may
be affected by a given SNP, thereby weakening the association when the phenotype is de-
fined over the entire region of interest. Taking the resolution spectrum to the extreme end
leads to wvozel-wise genome-wide analyses (vGWAS). Though, the power analysis for this
approach is not very encouraging: modern MRI whole brain acquisition techniques generate
voxels of less than 1 mm?, taken together with an approximate 0.8 dm?® grey matter volume
results in approximately 1 million relevant voxels to be tested in vGWAS. Fortunately, due
to spatial correlation these tests will not constitute independent tests, but the estimate will
still be around at least 100,000 independent tests pushing the threshold for genome-wide
and voxel-wise significance to at least 5 x 10713, In their first vGWAS in Alzheimer's disease
Stein et al analyzed data of 740 subjects and developed a novel method based on FDR to
address the multiple comparisons problem [27]. While this first analysis was still limited in
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statistical power, the availability of large databases with paired imaging and genetics data
such as the UK BioBank (http://www.ukbiobank.ac.uk/)) or the collaborative efforts such
as the ENIGMA consortium (http://enigma.ini.usc.edu/) [28] will ultimately lead to a
statistical viability of vGWAS. Last but not least, the brute-force concept of vGWAS in-
duces a massive computational burden: studies with a few hundred phenotypes can easily be
parallelized on conventional hardware; running whole genome studies on millions of voxels
requires advanced computational methods such as fast vGWAS [29].

GWAS-based approaches to analyze brain imaging phenotypes are by their nature mass-
univariate on the genetic part, thereby they neither explore potential interactions between
SNPs (referred to as epistasis) nor make explicit use of the spatial correlation within the
imaging data. Multivariate approaches, which we will introduce in the next section, are a
promising way to make efficient use of the available data.

3. GWAS. Multivariate approaches

In recent years many domains have seen an increased use of multivariate approaches
including neuroscience [30] and GWAS [31]. Also recent methodological advances in the
imaging genetics domain rely on multivariate approaches to capture meaningful genotype-
phenotype interactions [32, [33]. The appeal of these methods lies in their ability to identify
complex relationships between the genome and the brain by simultaneously modeling the
joint effect of genetic variants on brain features. The promising potential of multivariate
imaging-genetics approaches is to explicitly highlight the underlying biology of macroscopic
processes, such as brain atrophy, by identifying sets of genetic variants that are jointly
associated with the phenotype.

3.1. A sketch on classical multivariate approaches

Typical multivariate approaches for the joint analysis of brain imaging phenotype and
large arrays of genetic variants are based on the identification of latent modes of maximal
association between imaging and genetics features. The underlying principle of these pro-
cedures consists in looking for pairs of feature combinations - one “combination” or mode
for each of the two distinct data types - that have maximal association. For example, while
Partial Least Squares aims at maximising the covariance between these combinations (or
projections on the modes’ directions), Canonical Correlation Analysis maximises their sta-
tistical correlation, and Reduced-Rank Regression minimises the error in predicting a target
data-type from the optimal feature combination of a source one.

In what follows, genetic and imaging data for a given individual k are encoded by arrays
xj, and yy, respectively, with dimensions dim(xy) = D, and dim(y;) = D;. An imaging-
genetics data matrix for /V individuals is therefore represented by the pair of centered ma-
trices X and Y, with dim(X) = N x D,, and dim(Y) = N x D;.

The basic principle of classical multivariate analysis techniques relies on the identification
of linear transformations of X and Y into a lower dimensional subspace where the projected
data exhibits the desired statistical properties of similarity.
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3.1.1. Canonical Correlation Analysis

In canonical correlation analysis (CCA), this problem is formulated by looking for linear
transformations parameterized by the vectors w, and w, such that Xw, and Yw, are
maximally correlated. In mathematical terms:

w,, W, = argmax p(Xw,, Yw, ), (2)
W, Wy

where p(a,b) = a’b/(v/aTavbTb). Developing (2) we obtain
WgSXwa
\/ WgSXxw;“ / WgSYwa ’

where Sxy is the cross-covariance matrix between X and Y, while Sxx and Syvy are the
sample covariances of X and Y respectively.

Since the optimization of CCA is independent from the norm of the projection vec-
tors, without loss of generality we can restrict the problem by introducing the constraints
[ Xw,||> = 1 and |[Yw,||*> = 1. This implies that we look for projections into a low-
dimensional subspace of unitary variance. The maximisation of can be tackled through
the optimization of the Lagrangian

p(Xw,, Yw,) =

(3)

E(WI, Wy, )\x, )\y) = WgSwax — )\I(WgSXxwx — 1) — Ay(Wngwa — 1), (4)
and it can be easily shown that the CCA solution can be obtained through the following
generalized eigenvalue problem [34]:

{ng S)(ﬂ m] = {S)(;X SSY] RJ (5)

0 Sx¥ SxySyy_ | [va] _ V[V ;
S—1/2S Sy 1/2 0 v v | ( )
YX Y Y

where v, = Syx W, and v, = S;/‘Q(Twy This last formula shows that the CCA functional

can be rewrltten as

or equivalently,

1/2T

vIS3y 2sXYs;gﬁvy

Tv. . /vT
V Vi Ve[V, Vy

Through standard algebraic derivations formula provides an alternative formulation for
T

p(Xv,, Yv,) = (7)

the projection vectors. Introducing the vector u” = vISy Y 2SXYSYY , we observe that

the product u”v, at the numerator of formula 1} is bounded by 4/(u'u)(vI'v,), with the
equality holding if and only if v, if parallel to u (Cauchy-Schwarz inequality). In this case,
formula (7)) can be rewritten as the new functional

T T -1/2 -1/2
u u S SXYSYYSYXSXX VI

[(Xv,, Xv,) = = 8
P (Xvz, Xv,) T ATy, (8)
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By following an analogous derivation as in (4)) we conclude that the solution of this functional

is the eigenvector of the matrix ¥ = S)_(l)éQSXYS;%(SYXS;)éQ. Thus, the CCA solution can
be alternatively obtained by computing w, = S)_(l)éQVI7 where v, is eigenvector of ¥, and by
~1/2

defining w, = Syv u.

Formula highlights the numerical drawbacks of CCA, as its computation depends on
the sample covariances Sxx and Syy. In particular, being these matrices estimated from
sample data, the associated eigenvalues may quickly become small and unavoidably com-
promise the stability of the estimation. For this reason it is common practice to reformulate
the CCA problem with a reqularized version aimed at improving stability. This is performed
by stabilizing the right hand side of by adding a constant diagonal term depending on a
regularization parameter ¢:

SYX 0 Wy o 0 SYY + o1 Wy ’
3.1.2. Partial Least Squares

Analogously to CCA, PLS is based on the identification of linear projections maximising
the covariance between the projected data:

W, W, = argmax cov(Xw,, Yw,), (10)
where rq
cov(Xw,, Yw,) = WaOXYTy (11)

T /wT
W, Way /W, Wy

As before, the PLS problem can be optimized through the solution of an ordinary eigen-

value problem
0 SXY W, o Wy
{SYX 0 } {WJ -4 {WJ ’ 12)

PLS has interesting analogies with CCA. In particular, the PLS solution can be seen as
the maximally regularized version of CCA obtained when the regularizing parameter § of
Formula (9) tends towards infinity. The solution corresponding to the eigenmodes of the
problem is known as PLS-SVD, and has been popularized in the field of neuroimaging in
the seminal works [35, [36], for the study of positron emission tomography (PET) and func-
tional magnetic resonance images (fMRI) through the analysis of the associated eigenmodes
of intensity variation.

3.1.8. Iterative Numerical Schemes for PLS and CCA: NIPALS

In practice, to avoid the numerical instabilities related to the decomposition of poten-
tially large sample covariance matrices, both PLS and CCA can be computed by leveraging
on stable numerical schemes. In particular, the non-linear iterative partial least squares
(NIPALS) is a classical algorithm proposed by H. Wold [37] for the iterative computation of
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the PLS (and CCA) solution. Within this method, the principal eigenmodes w'¥ and W@(/O)
are initially computed from the data matrices X(® = X and Y@ = Y with the iterative
scheme detailed in Algorithm [1] [38].

()

After the estimation of the eigenmode of iteration 7, the high-order components w;’ and
w?(f) are subsequently computed by applying NIPALS on the deflated data matrices X® and
Y@ obtained by regressing out the current projections in the latent space t® = X (0w

ul® = YOw.

9

| O erx)
) _ x0 _ gt XY
X X t $+OT @) 7
(T ()

v —y @ oY

TOETION

Algorithm 1 NIPALS iterative eigenmode computation for component i [38].

Initialize Wg(f). While not converged do:
1 u® = YOw)
2. Estimate the projection for X from the latent space of Y®
PLS. wi) = XOT @) /9T,
CCA. wi) = X@Drqy(0),
where X®* is the Moore-Penrose inverse of X®.
3. Normalize wS’.
4. 1) = X 0w
5. Estimate the projection for Y@ from the latent space of X
PLS. wi) = YO0 /$(0T¢0),
CCA. w{) = YO0,
where Y®* is the Moore-Penrose inverse of Y.

6. Normalize Wéi).

The implementation illustrated in Algorithm [I] can be found in classical statistical and
machine learning packages, such as Scikit-learnT| [39].

3.1.4. Reduced Rank Regression

Reduced Rank Regression (RRR) differs from CCA and PLS since the relationship be-
tween the data matrices X and Y is estimated by optimizing a standard regression problem
with Gaussian noise e:

Y =XC +e. (13)

'http://scikit-learn.org/stable/.
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The model parameters C are a matrix of dimensions D; x D, with rank R < min(D;, D,)
[40]. The decomposition C = AB, with dim(A) = D; x R and dim(B) = R x D, provides
an way to interpret RRR as the composition of respectively a linear projection of X into a
latent space of dimension R, and a linear reconstruction of Y from the latent representation.
Thanks to this representation, A and B can be interpreted to jointly provide a quantification
of the relationship between imaging and genetic features [41].

The optimization of RRR is equivalent to the minimization of the loss:

f(A,B) = tr{(Y — XAB)['(Y - XAB)"}, (14)
for any given positive definite matrix T' [40]. Within this formulation, the RRR solution is
A = P_l/QU’ B = UTI‘l/QSYXS;&,

where U are the eigenvectors associated to the matrix R = r QSYXS;(;;SXYFU 2. The role
of I' is to account for the covariance between the features of Y, and can be set to identity
or any other suitable form. For example, by setting I' = Syy, we obtain the CCA solution
derived from formula (§)).

3.1.5. Parallel Independent Component Analysis

Although less standard in the multivariate analysis literature, Parallel ICA (pICA) is an
established method in medical imaging and imaging-genetics [42], building on the classical
framework of independent component analysis (ICA) [43].

ICA-based methods are conceptually different from the multivariate approaches previ-
ously described in this chapter (CCA, PLS, RRR). Indeed, the latter are essentially based
on the identification of a low-dimensional data representation in which the statistical as-
sociation expressed by the covariance, or the correlation, is maximized. In practice, this
amounts at assuming a Gaussian distribution of the data, and to the identification of an
opportune linear change of coordinates leading to maximum data likelihood.

On the contrary, when applying ICA to a single modality X, we assume that the observed
data is a linear mixture of non-Gaussian distributed and independent latent sources (or there
is at most a single Gaussian component). The associate generative model is:

X =SW,, (15)

where S and W are respectively sources and mixing matrix. Several ICA approaches for the
joint optimization of S and W have been proposed in the literature [44]. For example, when
the measure of non-Gaussianity is given by the negentropy [45], the FastICA algorithm is a
very efficient ICA approach based on the Newton’s gradient-based optimization [46].

Given imaging-genetics data matrices, pICA joinlty optimizes the ICA problem sepa-
rately on the two modalities [47]:

X =8, W,,
Y =S,W,,
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while also maximising the correlation between the columns of the respective mixing matrices
Corr(Wy[:,i], Wy, j]). This approach thus aims at identifying the mixing parameters to
reconstruct the data while at the same time highlighting their relationship.

3.2. Regularization in Multivariate Models

When dealing with high-dimensional data, such as the one available imaging-genetics,
multivariate approaches are highly prone to the problem of over-fitting and to the identi-
fication of spurious associations. This problem ultimately leads to low stability and poor
interpretability of the analysis results.

A common strategy for mitigating this problem is through model regularization, achieved
by constraining the solution to belong to a suitable parameter space. These constraints are
usually specified by introducing a penalization term on the parameters’ norm. In the fol-
lowing section we illustrate the main approaches to regularization along with their principal
applications in imaging-genetics.

3.2.1. Sparsity an Smoothness

Sparsity is a classical regularization choice, known as least absolute shrinkage and se-
lection operator (LASSO), looking for a limited subset of non-zero parameters’ coefficients.
In its simplest formulation, given an objective function f(w), sparsity on the solution w is
imposed by solving the associated functional:

argmin f(w) + Al|w/]1, (16)

which corresponds to the Lagrangian of the optimization of f(w) constrained to |w| < ¢, for
an opportune ¢. The left panel of figure [ illustrates the sparsity effect of the LASSO penalty
on the identification of the minimum for a given function f (red contours). Increasing the
sparsity constraint reduces the size of the regularization contour (black line), enforcing the
solution parameters to zero (in this case the parameter wy).

Another classical form of regularization, known as Ridge or Tikhonov regularization,
consists in introducing a penalization of the /5 norm of the parameters:

argmin (w) + A||w[3 (17)

While this regularization form does not promote sparsity (Figure {4, right), it is used
to enhance regularity of the solution and promote the well-posedness of the optimization
problem.

In applied studies, approaches to regularized CCA [48] 49], PLS [50, 51], and RRR [4T]
have been proposed by introducing an additional parameter penalization term of the ¢; norm
(LASSO, [52]), or jointly to ¢; and ¢y (so-called Elastic Net regularization [53]).

In its simplest formulation, sparsity in CCA and PLS can be implemented by soft-
thresholding of the parameters’ weights, based on a pre-defined ratio of desired resulting
non-zero coefficients [48, 51]. Regularity can be also introduced in NIPALS [50], by estimat-
ing regularized projections W, and w, through Elastic Net (Algorithm . It is interesting
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Figure 4: An illustration of regularized regression with LASSO and Ridge penalization. Red: contours for
the solution of the function f(w). Black: Regularization contours. In LASSO, the geometric constraint
associated to the ¢; penalization promotes sparse solutions (e.g. w; = 0).

to notice that the method reduces to univariate LASSO soft-thresholding when the /5 pa-
rameters Ao, Azo are set to infinity [53].

Algorithm 2 Regularization of projections parameters w, and w, in NIPALS.

Given current estimates of w, and wy,.
While not converged do:
1. compute t = Xw,,
2. compute u = Yw,,
3. compute W, by solving the Elastic-Net regression:
W, = argmin (t — Xv)* + X[ V][5 + At v,

4. compute W, by solving the Elastic-Net regression:

W, = argmin (u — Yv)* + Ao [ V3 + Aallv],

3. Normalize w, and w,
4. Set w, = W, W, = W,.

The experimental investigation proposed in [51] provides a useful comparison of sparse vs
non-sparse implementations of multivariate approaches in imaging-genetics. In particular,
although sparsity was shown to generally help in identifying more stable solutions, the choice
of regularization parameters, cross-validation and data pre-processing strategies (especially
data filtering and dimensionality reduction) seems to play a critical role for the reliability
of the solution.

Moreover, an important issue is still represented by the intrinsic signal correlation char-
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acterizing both imaging and genetic data. While the imaging data is characterized by non-
trivial spatial correlations, affecting for example the signal of neighbouring voxels, SNPs are
spatially correlated due to linkage disequilibrium. In this case, the solutions provided by
LASSO and Ridge are in opposition and thus not straightforwardly interpretable. Indeed,
LASSO tends to isolate a single variable from a set of correlated ones, while Ridge identifies
the whole set of correlated predictors. However, in the practical context, this behaviour is
not guaranteed and may be strongly related to data variability and dimensions [51].

For this reason, more complex regularization strategies accounting for known relation-
ships across imaging and genetic features have been proposed in the last years. The next
section provides an overview of this more advanced modeling topic.

3.2.2. Group-wise Penalization

Imaging-genetics data is characterized by non-trivial correlations representing precise
biological and anatomical mechanisms.

On one hand SNPs are known to act “in concert” through biological pathways repre-
senting specific biological processes (metabolic, cellular, genetic). These processes can be
represented via relation networks, as provided in the KEGG pathway databasd’l Simi-
larly, we can rely on hand-crafted ontologies describing gene functions and relationships
(Gene Ontology ConsortiumED. On the other hand, medical imaging data is characterized
by both local correlations across neighbouring voxels, as well as non-local ones. For exam-
ple, due to the organization of the brain in anatomical and functional networks, the signal
measured in brain imaging data exhibits important network properties representing specific
physiological mechanisms.

In this context, the stability and interpretability of the multivariate analysis results can
be promoted by introducing an additional regularization constraint on the model parameters.
This constraint aims at enforcing the model to provide solutions compatible with our prior
information on the relationship between features.

This problem can be addressed by introducing a group-wise penalization [54]. Within this
approach, variables known to act together are jointly regularized with respect to the same
penalization parameter. In its basic formulation, we assume the D features of a predictor x =
(21,...,2p) are grouped in L sets £; = (z;,,...,x;). The group-wise penalized regression
of the independent variable y with respect to the predictors X is thus expressed as:

L
fa) = |ly = Xal[3 + A willaills,
=1
where the vectors a; = (a;,,...,a;) group the elements of a associated to each set of fea-
tures £;. Computational issues may arise when the sets £; are not disjoint, and specific
optimization strategies need to be defined to address the problems of identifiability and
computational efficiency [55].

Zhttps://www.genome . jp/kegg/pathway.html
3http://geneontology.org/
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Building on this methodological framework, an extension of RRR to account for group-
wise relationships was introduced in [56]. In particular, by considering a rank-one RRR
model, formula can be extended to

L
f(a,b) = tr{(Y — Xab)(Y — Xab)"} + A > " w[|ay||2, (18)
=1
where the coefficients a; account for known relationships on the genetic data. Similarly to
the RRR case, other extensions to group-wise penalization in multivariate imaging-genetics
models have been proposed, for example applied to CCA [57], or to sparse regression [58].

3.8. Stability and validation of multivariate models

The promise of multivariate models to unveil hidden relationship in high-dimensional
data is often hindered by the problem of overfitting and lack of stability of the results. In
particular, overfitting is a critical issue concerning the drop in the generalization ability of
the model when tested on independent data. In the previous sections we have seen that
regularization can be used to identify more meaningful and stable solutions. However, the
introduction of regularization comes with the problem of tuning the associated regularity
parameter (e.g., the LASSO parameter A of Equation (|16))). Since the model solution often
greatly varies depending on the imposed degree of regularization, this problem ultimately
affects the stability of the results. For this reason it is common practice to tune the param-
eters by grid search on a subset of hold-out data, to identify the parameter set leading to
the optimal cross-validation results [51) 50, 41]. Unfortunately this practice may also lead
to overfit and selection-bias [59], especially when the sample size is low compared to the
data dimensionality. Again, in this case the marginal improvement related to the tuning
of the parameters does not lead to an improvement in the generalization of the model in
unobserved data.

All in all, the validity of multivariate models should be ultimately established via testing
on datasets not used to estimate the model parameters. This is a critical aspect related to the
availability of independent data compatible with the one used for the model fitting. Current
effort in standardization and opening of high-quality datasets are becoming fundamental
for the reliable use of multivariate methods in imaging-genetics and, more generally, in
biomedical applications.
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